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Inhomogeneities in dusty universe - a possible
alternative to dark energy?
S. Chatterjee1
Abstract
There have been of late renewed debates on the role of inhomogeneities to
explain the observed late acceleration of the universe. We have looked into
the problem analytically with the help of the well known spherically symmet-
ric but inhomogeneous Lemaitre-Tolman-Bondi(LTB) model generalised to
higher dimensions. It is observed that in contrast to the claim made by Kolb
et al the presence of inhomogeneities as well as extra dimensions can not re-
verse the signature of the deceleration parameter if the matter field obeys the
energy conditions. The well known Raychaudhuri equation also points to the
same result. Without solving the field equations explicitly it can, however, be
shown that although the total deceleration is positive everywhere nevertheless
it does not exclude the possibility of having radial acceleration, even in the
pure dust universe, if the angular scale factor is decelerating fast enough and
vice versa. Moreover it is found that introduction of extra dimensions can
not reverse the scenario. To the contrary it actually helps the decelerating
process.
Keywords : accelerating universe ; inhomogeneity; higher dimensions
PACS: 04.20, 04.50 +h
1 INTRODUCTION
Following three discoveries in the last century our concept of cosmological evolution
has undergone a sea change - in contrast to Einstein’s idea of a static universe Hub-
ble and Slipher(1927) established that it is in fact expanding. Further the CMBR
spectra as well as primordial nucleosynthesis studies in the sixties show that the
observable universe was in an extremely hot dense state in the past and has since
been expanding for the last 13.5 Gyr. as dictated by Einstein’s theory. Finally from
the high redshift supernovae data in the last decade [1] we know that when inter-
preted within the framework of the standard FRW type of universe(homogeneous
and isotropic) we are left with the only alternative that the universe is now going
through an accelerated expansion with baryonic matter contributing only five per-
cent of the total budget. Later data from CMBR studies[2] further corroborate this
conclusion which has led a vast chunk of cosmology community ([3] and references
therein) to embark on a quest to explain the cause of the acceleration. The teething
problem now confronting researchers is the identification of the mechanism that trig-
gered the late inflation. Workers in this field are broadly divided into two groups-
either modification of the original general theory of relativity or introduction of any
mysterious fluid in the form of an evolving cosmological constant or a quintessential
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type of scalar field. So far the main emphasis for explaining the recent acceleration
rests on the assumption of a homogeneous FRW type of model. But measurements
of average matter density from the different cosmic probes on supernovae (ΩM ∼ 0),
galaxy distributions (ΩM ∼ 0.3) and CMBR (ΩM ∼ 1) point to a highly confus-
ing picture of the universe such that at least one of the two assumptions must be
wrong. As is well known theorists attempt to evade the problem by introducing a
cosmological constant(vacuum energy) such that values now become for best fits as
supernovae (ΩM ∼ 0.3 and ΩΛ ∼ 0.7), galaxy distributions (ΩM ∼ 0.3) and CMBR
(ΩM + ΩΛ ∼ 1). But the popular explanation with the help of a cosmological con-
stant is beset with serious theoretical problems because absence of acceleration at
redshifts z ≥ 1 implies that the required value of the cosmological constant is approx-
imately 120 orders of magnitude smaller than its natural value in terms of Planck
scale [4]. As for the alternative quintessential field we do not in fact have a theory
that would explain, not to mention predict, the existence of a scalar field fitting the
bill without violating the realistic energy conditions. Moreover we can not generate
this type of a scalar field from any basic principles of physics. So there has been a
resurgence of interests among relativists, field theorists, astrophysicists and people
doing astroparticle physics both at theoretical and experimental levels to address the
problems emanating from the recent extra galactic observations without involving a
mysterious form of scalar field by hand but looking for alternative approaches based
on sound physical principles. Alternatives include, among others, higher curvature
theory, axionic field and also Brans- Dicke field. Some people attempted to look
into the problem from a purely geometric point of view - an approach more in line
with Einstein’s spirits. For example, Wanas [5] introduced torsion while Neupane
[6] modifies the spacetime with a warped factor in 5D spacetime in a brane like
cosmology and finally addition of extra spatial dimensions in physics [7]. But the
problem with Wanas’ model is that the the geometry is no longer Riemannian. On
the otherhand the fact that the warped spacetime always generates acceleration is
fairly wellknown and it follows from the wellknown Raychaudhuri equation also.
Moreover all the conceptual problems relating to brane models are present in Neu-
pane’s model.
In this context one important thing should not escape our attention. One intriguing
fact in the framework of the standard FRW model is that the accelerating phase
coincides with the period in which inhomogeneities in the matter distribution at
length scales < 10 Mpc become significant so that the Universe can no longer be
approximated as homogeneous at these scales. One should note that homogeneity
and isotropy of the geometry are not essential ingredients to establish a number of
relevant results in relativistic cosmology. One need not be sacrosanct about these
concepts so far as the relativistic cosmology is concerned. For instance, from the
early sixties to the early seventies ([8] and references therein), a research program
on the singularity properties of general cosmological solutions has been conducted
without relying on the isotropy and on the homogeneity of the geometry. The theme
of the present article is somehow opposite to the one analysed in [8] where the em-
phasis was on the role of the inhomogeneities (and anisotropies) in the proximity
of a cosmological singularity. A link between inhomogeneities and cosmological ac-
celeration has been pursued in various studies in recent past, although the journey
is not free from serious controversies creeping up time to time. There have been
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arguments, based on perturbative estimates, that the backreaction of super hori-
zon inhomogeneities on the cosmological expansion is significant and could cause
acceleration [9] when observed from the centre of perturbation. This idea is later
supplemented by Wiltshire [10] and also Carter et al [11] where the observed uni-
verse is assumed to be an underdense bubble in an Einstein-de Sitter universe and
it was shown that from observational point of view their results become very similar
to the predictions of ΛCDM model. However, the validity of the perurbative ansatz
is questionable in that the claimed acceleration is later shown to be due to the re-
sult of extrapolation of a specific solution to a regime where both the perturbative
expansion breaks down and and the constraints are violated [12]. Again we know
[13] that in a matter dominated nonrotating model where particles interacting with
one another move along geode4sic lines it is always possible to define a coordinate
system which is at once synchronous(g00 = 1) and comoving. With this input Hirata
and Seljak [14] conclusively showed from Ray Chaudhuri equation that in a perfect
fluid cosmological model that is geodesic, rotation-free and obeys the strong energy
condition (ρ+3p) ≥ 0, a certain generalisation of the deceleration parameter q must
be always non-negative. But even with the perturbation considered by Kolb et al
the vorticity vanishes and consequently Kolb’s claim is flawed. On the other hand,
Iguchi et al [15] did obtain simulated acceleration in Lemaitre Tolman (LT) models
with Λ = 0 that obey the conditions set by Hirata et al, which subsequently led
Vanderveld et al[16] to draw attention to this apparent contradiction between these
two conclusions. However in a recent communication Krasinski et al [17] showed
that LT models that simulate accelerated expansion also contain a weak singularity,
and in this case the derivation of HS breaks down. In addition to this, there are
other singularities that tend to arise in LT models, and Vanderveld et al have failed
to find any singularity-free models that agree with observations. So the apparent
contradiction is resolved. On the other hand Hansson etal [18] argued that when
taking the real, inhomogeneous and anisotropic matter distribution in the semi-local
universe into account, there may be no need to postulate an accelerating expansion
of the universe at all despite recent type Ia supernova data. In fact inhomogeneous
structure formation may alleviate need for accelerating universe.
Here we would like to understand if an inhomogeneous spacetime, filled with in-
coherent matter, can be turned into an accelerating universe at later times in the
framework of a higher dimensional spacetime. The inhomogeneities considered in
the present investigation may arise during an early inflationary stage when quan-
tum mechanical fluctuations of the geometry and of the inflaton field are inside the
Hubble radius. Depending upon the parameters of the inflationary phase, the initial
quantum fluctuations will be amplified leading to a quasi-flat spectrum of curvature
perturbations that accounts, through the Sachs-Wolfe effect, for the tiny tempera-
ture ripples detected in the microwave sky by several experiments.
As pointed out earlier from Raychoudhury equation it can be shown that in a dust
dominated universe there must be a non-vanishing vorticity in order to obtain a
negative deceleration parameter. This conclusion negates Kolb’s idea of presenting
inhomogeneity as the possible candidate to explain late time acceleration. Also the
possibility that the full non-perturbative solutions of the Einstein’s equation for in-
homogeneous model can exhibit accelerated expansion was recently proved wrong
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by Alnes et al [19] who tried to examine whether spherically symmetric inhomoge-
neous universe with dust accepts negative deceleration parameter and showed that
no physically realistic solution will allow that.
Following Alnes et al we are motivated to see whether introduction of extra spatial
dimensions in the inhomogeneous dust distribution can give any additional input in
the direction of explaining acceleration in the recent past. Multidimensional space-
time is believed to be particularly relevant in the context of cosmology. Moreover in
a recent communication [20] it is argued that quantum fluctuations in 4D spacetime
do not give rise to dark energy but rather a possible source of the dark energy is
the fluctuations in the quanutum fields including quantum gravity inhabiting extra
compactified dimensions. Here we have the extra advantage that the exact solution
for a spherically symmetric inhomogeneous distribution of a matter dominated uni-
verse for an (n+2)-dimensional space-time with n ≥ 2 is earlier given by us [21].
The solution here also carries two free, spatially dependent functions f and M.
The motivation of the present work is twofold. Firstly we do away with the assump-
tion of any extraneous scalar field with faulty energy conditions but rather confine
ourselves to a clearly physical parameter- inhomogeneous distribution. Secondly
inspired by many recent successes of higher dimensional theories we here take a
(n + 2) dimensional spacetime as our geometry. However, one should point out at
the outset that although the spacetime we have taken here for simplicity has been
utilised in the literature by a number of authors in the past(for example, see [22]
and references therein) it is open to criticism and needs further refinement in future
work. We have organised our paper as follows: We develop the mathematical tools
in section 2 and following analogous 4D results define the relevant astrophysical
parameters suitable for the inhomogeneous, anisotropic model. This particularly
applies to Hubble parameter, which unlike the homogeneous, isotropic case lacks a
precise definition. Without exactly solving the field equations here we have been
able to show in a general way that with realistic matter field the average volume
expansion should always be decelerating. But if the radial expansion decelerates
fast enough the angular expansion accelerates even in pure dust case and vice versa.
But the presence of extra dimensions does not help matters, rather it acts as an
impediment. With the help of our exact solution we find exact expression of the de-
celeration parameter in section 3 to see that no acceleration is possible in this case.
The above result is confirmed in section 4 with the help of wellknown Raychaudhuri
equation. The paper ends with a discussion in section 5.
2 Mathematical formalism
The (n + 2) dimensional metric for a spherically symmetric inhomogeneous space-
time was first given by given by Banerjee et al [21]
ds2 = dt2 − R
′2(r, t)
1 + f(r)
dr2 −R2(r, t) dX2n (1)
where dX2n represents an n-sphere with
dX2n = dθ
2
1 + sin
2 θ1dθ
2
2 + ... + sin
2 θ1 sin
2 θ2... sin
2 θn−1dθ
2
n (2)
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and the scale factor, R(r, t) depends both on space and radial coordinates (r,t) re-
spectively. A prime overhead denotes ∂/∂r and a dot denotes ∂/∂t.
Here f(r) is an arbitrary function of r associated with the curvature of t−const.
hypersurface subject to the restriction
1 + f(r) > 0 (3)
For mathematical simplicity we here take the higher dimensional metric with the
topology Rn+2, which is however not very realistic. As mentioned in the Introduction
this type of metric, although frequently used in literature [22], suffers from the
disqualification that we do not get reduction of physical quantities(say, deceleration
parameter) for an effective 4D universe as dimensional reduction is not possible. In
what follows we shall consider a dust distribution and all the dimensions including
the extra ones are treated on same footing. The original 4D metric was first studied
by Lemaitre, Tolman and Bondi and later has been used in various astronomical
and cosmological contexts. The space time (1) is a generalisation of the well known
LTB metric for the (n+2) dimensions. Relevant to point out that it reduces to the
the (n+2) dim. generalised FRW metric given earlier by Chatterjee etal [23] in the
limit R(r, t) = a(t)r and f(r) = kr2 where a is the FRW scale factor and k is the
curvature constant.
A comoving coordinate system is taken such that u0 = 1, ui = 0(i = 1, 2, ....n + 1)
and gµνuµuν = 1 where ui is the (n+2)-dimensional velocity. The energy momentum
tensor for a dust distribution in the above defined coordinates is given by
T µν = ρM(r, t)δ
µ
0 δ
0
ν − ρΛδµν (4)
where ρM (r, t) is the matter density and we have also kept the vacuum energy ρΛ for
generality. The fluid consists of successive shells marked by r, whose local density
is time-dependent. The function R(t, r) describes the location of the shell marked
by r at the time t. Through an appropriate rescaling it can be chosen to satisfy the
gauge
R(0, r) = r (5)
The metric(1) with Einstein’s field equations and energy momentum tensor given
by equation (4) gives the following independent differential equations as
n(n− 1)
2
R˙2 − f(r)
R2
+
n
2
2R˙′R˙− f ′(r)
RR′
= 8piG(ρM + ρΛ) (6)
n(n− 1)
2
R˙2 − f(r)
R2
+ n
R¨
R
= 8piGρΛ (7)
One can integrate the last equation by defining R˙ = p(R) such that the scale factor
R itself becomes the independent variable. The equation (7) now reduces to a
Bernoulli type first order differential equation as
p′ = g(R)p+ h(R)p−1 (8)
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where g(R) = 1−n
2
1
R
and h(R) = 8piGρΛ
n
R + (n−1)f
R
. Following the standard method
of solving this type of equation we finally get
R˙2
R2
=
M(r)
Rn+1
+
f(r)
R2
+
16piGρΛ
n(n + 1)
(9)
where M(r) is an arbitrary function of integration and depends on r. From the
above equations it further follows that for pure matter field (ρΛ = 0) the equation
(9) reduces to
R˙2 = f(r) +
M(r)
Rn−1
(10)
which , again, gives
nM ′
2R′Rn
= 8piGρM (11)
such thatM(R) is non negative, being a measure of the mass content for the n-sphere
upto the comoving radius r. The generalized mass function M(r) of the fluid can
be chosen arbitrarily. It incorporates the contributions of all shells up to r and de-
termines the energy density through equation (11). Because of energy conservation
M(r) is independent of t. Moreover the actual dependence of the arbitrary functions
M(r) and f(r) are determined by the specific nature of the inhomogeneities of our
model considered.
Inhomogeneous distributions being always a bit obscure one can attempt greater
transparency via usage of familiar physical quantities like Hubble constant, H and
also the density parameter, ΩM from equation (9) through analogy with the well-
known homogeneous FRW equations generalised to (n+ 2) dimensions
H2(t) =
a˙2
a2
= H20 [ΩM(
a0
a
)n+1 + ΩΛ + (1− ΩM − ΩΛ)(a0
a
)2] (12)
where a0 = a(t0) is the current value of the scale factor. Comparing equations(9)
and(12) one can now identify the local Hubble constant as
H(r, t) =
R˙(r, t)
R(r, t)
(13)
and local matter density via
M(r) = H20 ΩM(r)R
2
0(r) (14)
where
f(r) = H20 (r) [ΩM (r) + ΩΛ(r)− 1]R20(r) (15)
where R0 = R(r, t0), H0 = H(r, t0) and ΩΛ(r)) =
16piGρΛ
n(n+1)H20 (r)
The equation (9) can
now be recast as
H2(r, t) = H20 (r) [ΩM (r) (
R0
R
)n+1 + ΩΛ(r) + Ωc(r) (
R0
R
)2] (16)
where Ωc(r) = 1 − ΩΛ(r) − ΩM(r). One should note at this stage that although
seemingly same the essential difference of this generalised LTB expressions from the
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standard FRW case is that all the quantities here depend on spatial coordinate also
and when n = 2 they reduce to the 4D LTB case. This is true even for the gauge
freedom exercised in (5). While for the FRW case the present value of the scale
factor a(t0) = a0 can be chosen to be any positive number the analogous LTB scale
factor A(r t0) can be chosen to be any smooth and invertible positive function. From
the relations (6) and (7) a little mathematical exercise yields
n
n+ 1
R¨
R
+
1
n+ 1
R¨′
R′
= − 8piG
n(n + 1)
[(n− 1)ρM − 2ρΛ] (17)
The equation(17) tells us that the average acceleration in our case is generally neg-
ative unless ρΛ >
n−1
2
ρM . Given the fact that the current observational value of Λ
is too small the last inequality is a remote possibility. It has not also escaped our
notice that even for a pure matter dominated model the radial acceleration ( R¨
′
R
) is
possible if our angular scale factor is decelerating fast enough and vice versa. An-
other important fallout is the role of the extra dimensions in the dynamical process.
The equation(16) shows that as the no. of dimensions increases the possibility of
achieving acceleration in the model further recedes. We shall subsequently see that
this result also follows from the well known RayChowdhuri equation as well.
The volume expansion rate for our (n + 2) dim. metric is defined through the
(n+2)-velocity of the fluid, ua as
(n + 1)H = ua;a = ua;b g
ab = ua;b h
ab (18)
where
hab = gab + uaub (19)
While the definition works perfectly well for a FRW like homogeneous distribu-
tion of matter it is always a bit ambiguous to define the deceleration parameter of
an inhomogeneous anisotropic model because the relation (18) does not take into
account the directional preference of the matric. For example, Tolman-Bondi has
a preferred direction, being the radial one. We can still give an operational defi-
nition to the average volume acceleration of our model. For inhomogeneous model
the directional preference need to be emphasized in the expression for expansion.
We define a projection tensor tab that projects every quantity perpendicularly to
the preferred spacelike direction sa (and of course the timelike vector field, ua) such
that
tab = gab + uaub − sasb = hab − sasb (20)
For our metric (1),
pa =
√
1 + f(r)
R′
▽ (21)
and the tensor projects every physical quantity in a direction ⊥ to sa. One can now
define the invariant expansion rates as
Hr = ua;bs
asb =
R˙′
R′
(22)
H⊥ =
1
n
ua;bt
ab =
R˙
R
(23)
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so that
H =
n
n+ 1
H⊥ +
1
n + 1
Hr (24)
Evidently the above definition gives a sort of averaging over the various directions
for our anisotropic model.
If one relaxes the condition of any particular preferred direction (like the radial one
as in LTB model) one can explore the definition of the Hubble parameter in a more
transparent way considering its directional dependence [24] as follows:
H =
1
n+ 1
ua
a
+ σabJ
aJ
b
(25)
where σab is the shear tensor and J
a
a unit vector pointing in the direction of
observation. For an observer located away from the centre of the configuration it
gives for our LTB case
H =
R˙
R
+
(
R˙′
R
− R˙
R
)
cos2θ (26)
where θ is the angle between the radial direction through the observer and the
direction of observation. Naturally when the two directions coincide, θ = 0 we get
H = H
r
and for θ = pi
2
it is H = Hθ. A definition of deceleration parameter in a
preferred direction can also be given in terms of the expansion of the Luminosity
distance DL in powers of redshift of the incoming photons. For small z one gets
q = −H˙ d
2DL
dz2
+ 1 (27)
For θ = 0 and θ = pi/2 the acceleration is respectively
qr = −
(
R
R˙′
)2 [
R¨′
R
−
√
1 + f
R˙′
(
R˙′
R
)′]
(28)
q⊥ = −
(
R
R˙
)2
R¨
R
(29)
We shall subsequently see in section 4 that deceleration parameter defined this way
has an important difference from what we later get in equation (48). Here the
parameters do not depend solely on local quantities as opposed to the acceleration
parameter of (48). For example we get via equation(10)
q⊥ = (n− 1)M(r)
Rn+1
1
H2
⊥
(30)
Thus the equation (30) tells us that here the deceleration parameter q⊥ depends on
the total mass function and not on the local energy density of (48).
All the expressions reduce to the familiar Tolman-Bondi case when n = 2. It
is very difficult to find a general solution of the equation(10). But for the 4D case
the scale factor may be expressed in a parametric form for f(r) (-1. 0, +1). But
for n > 2 the equation can not be expressed in a parametric form as the system of
equations become elliptic.
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Figure 1: q vs n and R¨ vs t
3 Higher dimensional LTB metric
Case I (f = 0)
Since the WMAP data[25]shows that the universe is spatially flat to within a few
percent we can take f = 0 to get the globally flat solution in (n+ 2) dimensions as
R =
(
n+ 1
2
) 2
(n+1)
M
1
(n+1) (t− t0)
2
(n+1) (31)
where t0(r) is some arbitrary integration function of r.
Hence
R˙ =
(
n+ 1
2
) (1−n)
(n+1)
M
1
(n+1) (t− t0)
1−n
(n+1) (32)
R¨ =
(
n+ 1
2
) (1−n)
(n+1)
M
1
(n+1)
(
1− n
1 + n
)
(t− t0)−
2n
(n+1) (33)
So,
q = −R¨
R
1
( R˙
R
)2
= (n− 1)
(
n + 1
2
) n
n+1
(34)
Thus n < 1 is needed for acceleration. Further the fig 1 shows that with dimen-
sions deceleration also increases. So addition of extra dimensions is, at least for this
model, counterproductive.
Case II(f 6= 0)
As is well known that in the 4D spacetime we do not get the solution of the equa-
tion(10) in a closed form for f(R) 6= 0. At best one gets a parametric form of
solutions. But a positive thing in higher dimensional cosmology lies in the fact that
at least in 5D case(n = 3)we get an analytic solution as
R =
[
f(t− t0)2 − M
f
] 1
2
(35)
The above equation has been utilised to extensively study the shell crossing and
shell focussing singularity generally associated with any inhomogeneous collapse(see
9
ref [21] for thorough discussion) such that the 5D case (n = 3)gives
R¨ = −M
[
f(t− t0)2 − M
f
]− 3
2
(36)
q = −R¨
R
1
( R˙
R
)2
=
M
f 2(t− t0)2
(37)
Thus for deceleration parameter to be negative, M, which is identified as the mass
density parameter must be negative. But equation (11) demands that M ′(r) must
be positive which in turn demands M(r) ≥ 0. Hence dust dominated spherically
symmetric model even in higher dimension does not allow acceleration with a phys-
ically realistic matter field.
4 Generalised Raychaudhuri Equation
It may not be out of place to address the situation discussed in the last section with
the help of the well known Ray Chaudhuri equation[26], which in general holds for
any cosmological solution based on Einstein’s gravitational field equations. In an
earlier work [27] one of us extended the Ray Chaudhuri equation, the null congruence
condition and also the focussing theorem to (n +2) dimensions to study how inclusion
of extra spatial dimensions alters the possibility of occurrence of singularities in
physically realistic situations. We later applied the generalised equation to specific
higher dimensional cosmological problems. Before writing the generalised equation
proper the following definitions in (n+2) dimensions may be in order
σµν = u(µ; ν) − 1
n + 1
Θ(gµν + u(µuν)) + u(µuν);ju
j (38)
where for our model given by equation(1)
Θ = uµ; µ =
R˙′
R′
+ n
R˙
R
(39)
ωµν = u [µ;ν] − a[µuν] (40)
Here Θ is the rate of volume expansion and σµν is the rate of shearing.
For our LTB metric generalised to (n+ 2) dimensions this gives
σ11 =
n
n + 1
(
R˙′
R′
− R˙
R
)
(41)
and
σ22 = σ
3
3 = ........... = σ
n+1
n+1 = −
1
2
σ11 (42)
This finally gives for our (n+ 2) dim. model the shear scalar as
10
σ2 = σµνσ
µν =
n2(n+ 4)
4 (n+ 1)2
(
R˙′
R′
− R˙
R
)2
(43)
This reduces to the 4D value [28] of shear scalar for n = 2. It may be noted that
here (µ, ν) run from zero to (n+1).
With the help of the above definitions we get after a long but straight calculation
the well known Ray Chaudhuri equation generalised to (n+2) dimensions as
Θ,µv
µ = v˙µ;µ − 2(σ2 − ω2)−
1
n + 1
Θ2 +Rναv
νvα (44)
In view of Einstein’s equations the last term in the equation(44) may be replaced by
−8piG[Tνα− 1nT ], where G is now the (n+2) dim. gravitation constant. With matter
field expressed in terms of mass density and 3D and higher dimensional pressures
the (n + 2) dimensional Ray Chaudhury equation is finally given by,
Θ˙ = −2(σ2 − ω2)− 1
(1 + n)
Θ2 − 8piG
n
[(n− 1)ρ+ 3p+ (n− 2)pe] (45)
in a co moving reference frame. Here p and pe are the 3D and extra dimensional
isotropic pressure respectively.
With the help of equation(24) we get an expression for an effective deceleration
parameter as
q = −H˙ +H
2
H2
= −1 − (n + 1) Θ˙
Θ2
(46)
which allows us to write,
Θ2q = 2(n+ 1)σ2 +
8piG
n
(n+ 1)[(n− 1)ρ+ 3p+ (n− 2)pd] (47)
One should look at this relation with caution. While working in higher dimensional
cosmology it is envisaged that following dimensional reduction as the 3D expands
the extra dimensions shrink to a microscopic size as to be invisible with the existing
low energy limit so that all physical quantities (e.g. deceleration parameter) become
effectively four dimensional. As we have to sacrifice dimensional reduction for math-
ematical simplicity nothing of that sort takes place in our case, which is definitely
a major defect of the present analysis and need to be rectified in a future work.
Although in reference [9] Kolb et al claimed that the vorticity of the LTB metric
is nonvanishing our careful calculations show that ω = 0 even in the generalised
LTB model. As we are dealing with a LTB cosmology the fluid is vorticity free and
pressure less in standard 4D as well as higher dimension. So we finally get for the
particular case of generalised LTB model(p = pe = 0)
Θ2q = 2(n+ 1)σ2 +
8piG
n
(n+ 1)(n− 1)ρ (48)
As we can see ρ, Θ2 and σ2 all are positive we can conclude q is positive. So the
addition of extra dimensions has no qualitative impact in determining the signature
11
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Figure 2: Shear scalar vs. t and q vs n
of the deceleration parameter. Let us analyse the last equation a little more thor-
oughly. For the flat(n+1)D space with f = 0 a long but straightforward calculation
shows that
θ =
1
(t− t0)
[
2(M
′
M
)(t− t0)− t′0
(M
′
M
)(t− t0)− t′0
]
(49)
and
σ2 =
n2(n + 4)
4(n+ 1)2
(t− t0)−2
[
t′0
(t− t0)M ′M − t′0
]2
(50)
Thus with zero curvature, the expansion scalar does not depend on the dimen-
sion but falls off as 1/t with time. This, in our opinion, is not a generic result but
holds for this specific case only. But the shear scalar does depend on the dimension,
falling off faster as dimension increases. From equation(50) it appears that shear
vanishes when t′0 = 0. In fact in the standard treatment of the LTB metric the radial
coordinate is taken such that the initial energy density is perceived as homogeneous.
Moreover f(r) is taken as zero to provide consistency with the matter dominated flat
model. The inhomogeneity is introduced through the function t0(r) that appears in
the integration of the field equations and determine the local bigbang time. When
we plug in all these expressions in the equation (48) we find that the deceleration
parameter still increases with the increase in dimension as evident from the fig.2
and we can not get any flip in its signature. This finding is also in line with our
observation in the last section.
Our investigations in both the sections leave the impression that physically accept-
able inhomogeneous models with a realistic matter field are unable to account for
observations. But we argue that inhomogeneous models like LTB include FRLW
models as a subclass. Thus, if the FLRW models are considered good enough for
cosmology, then the LT models can only be better: they constitute an exact per-
turbation of the FLRW background, and can reproduce the latter as a limit with
an arbitrary precision. The most serious misconception emanates from the realm
of accelerating universe itself. One can have a very good fit with observations even
with q < 0[29, 30]. An important point to remember is that the expansion rate of
the universe is not a quantity that is directly observable. It is inferred indirectly
through the observations only after one assumes a model for the expansion of the
universe. Thus, instead of trying to explain why the expansion is ’accelerating‘, one
should try to explain the data themselves directly in terms of observable quantities.
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One such observable is the Luminosity distance- redshift relation, which is probed by
supernova observations. While within the framework of homogeneous and isotropic
model this relation can only be explained if the expansion rate is accelerating, this is
not the case with inhomogeneous models like the LTB one. As discussed in section x
the added freedom of having a position dependent expansion in LTB models allows
one to explain the data without the need for the expansion to accelerate locally. The
explanation will then be that the expansion rate is highest at r = 0 and decreases
with distance from the centre, since the oldest supernova are also furthest away
[31]. In fact Iguchi et al [15] show that models with M(r) > 0 can reproduce the
relationship of a ΛCDM model upto z ∼ 1, but not for higher redshifts. In this
work, however, we have not so far tried to confront our higher dimensional model
with actual SNIa observations and leave that for a future work to ascertain if the
addition of extra dimensions makes a better fit with experimental data.
5 Discussion
The main shortcoming of the present analysis is the choice of the topology of
the spacetime itself. Unlike the brane inspired models where observable matter
is trapped on a brane but the extra space has macroscopic size or the ‘space-time-
matter ’ theory of Wesson [32] where extra dimensions is a product space with non-
compact macroscopic size but matter field is a manifestation of the higher dimen-
sional effect we here, for simplicity, naively take a spacetime with topology Rn+2
such that all the spatial dimensions are taken on the same footing. This may be the
case in the very early universe before the cosmology underwent the compactification
transition. But here we are discussing a late scenario where the universe is mani-
festly 4D with extra dimensions presumably compactified below planckian length.
As our spcetime is not amenable to the desired feature of dimensional reduction,
in a certain sense the relevance of this model for the current scenario is somewhat
obscure. As a future exercise one should address the problem such that the extra
space forms a compact manifold with symmetry group G such that (n+1) spatial
symmetry group is a direct product of O(3)×G and not the simple O(n+ 1).
Aside from the above defect and presumably a host others we have made a pre-
liminary attempt to see if the presence of inhomogeneities or extra spatial dimensions
separately or jointly can achieve late acceleration without the aid of any extraneous
unphysical quintessential scalar field or an evolving cosmological constant. In fact
the notion of accelerating expansion has subtleties in inhomogeneous cosmology.
The conventional definition of the deceleration parameter through equation (17) is
bizarre, if not confusing. It actually accounts for local volume increase during the
expansion. One should note that for inhomogeneous or anisotropic model it per-
tains to a sort of averaging over various directions. For LTB model we find that this
average expansion rate is always decelerating for positive energy density. This is
also corroborated by the wellknown Raychaudhuri equation. It has not escaped our
notice that presence of extra dimensions actually favours the decelerating process.
However, without explicitly solving the field equations we find that the radial or the
angular acceleration is possible even in pure dust distribution if any one of them
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decelerates fast enough even in LTB model. In recent past several authors [33] for
example, Darabi as also Szydlowski et al have claimed to get accelerating model with
the help of extra dimensions. While the first case deals with primordial inflation, the
second author has assumed a negative pressure in the fifth dimension p5 < 0 in his
5D metric to achieve the late acceleration. This is already discussed by Panigrahi
and Chatterjee in an earlier work [34]. But introduction of an unphysical negative
pressure even in extra dimension does not lead us any nearer to real physics. It only
shifts the unphysical input from the 3D space to the extra internal fifth dimension.
To end the section a final remark may be reemphasised regarding the apparent ac-
celerated expansion of the universe. To explain the SNIa observations the concept
of accelerated expansion of the universe need to be invoked only for a FRW type of
model. But one should point out that the Luminosity distance- Redshift relation,
not the accelerated expansion is the quantity that can be directly measured. And
within inhomogeneous models, as discussed at the end of the last section one gets
better fit without the need to introduce the local accelerated expansion and con-
sequent hypothesis of any extraneous, unphysical matter field with large negative
pressure.
In the coming years we all hope to learn much more about inflation and observed
cosmic acceleration of the universe (attributed to dark energy) from the highly re-
fined computations and sophisticated observations. More data from different cosmic
probes as also LHC experiments at CERN might help to address questions about the
early universe and the high energy frontiers. The years ahead will certainly bring
even more twists, breakthroughs and surprises in gravity and cosmology research
and give more insight into the vexed problem of origin of dark energy.
Acknowledgments
The financial support of UGC, New Delhi in the form of a MRP award as also a
Twas Associateship award, Trieste is acknowledged. I also thank Prof. P. Letelier,
IMPEEC, Campinas University, Brasil for local hospitality where part of the work is
done. The helpful comments from the anonymous referee, leading to improvements
of the original version is also acknowledged.
References
[1] A G Riess et al, 1998 Astron. J.116 1009
[2] D. N. Spergel et al , 2003 Astro. Phys. J. Suppl. 148 175
[3] Arman Shafielooa, Varun Sahni and Alexei A. Starobinsky,‘Is cosmic acceler-
ation slowing down?’, astro-ph- arXiv:0903.5141v4 ; T. Padmanabhan, 2005
Current Science 88 1057
[4] E. Copeland E, M. Sami and S. Tsujikawa, 2006 IJMPD 15 1753
[5] M. Wanas, ‘Dark Energy: Is It of Torsion Origin?’ arXiv:1006.2154v1 [gr-qc]
14
[6] I.P. Neupane, ‘Accelerating universe from warped extra dimensions’,
arXiv:0905.2774 [hep-th]; ‘The warping of extra spaces accelerates the expan-
sion of the universe’ arXiv:1004.0254v1 [gr-qc]
[7] D. Panigrahi and S. Chatterjee, ‘Quintessential phenomena in higher di-
mensional spacetime’, 2011 Grav. Cosm.(in press) ; gr-qc / 006.0476v1 ;
Varun Sahni amd Yuri Shtanov, ‘Cosmic Acceleration and Extra Dimensions’
arXiv:0811.3839v1 [astro-ph]
[8] I. M. Khalatnikov and E. M. Lifshitz, 1970 Phys. Rev. Lett. 24 76
[9] J. F. Pascuel Sanchez, 1999 Mod. Phys. Lett. A14 1539 ; E. W. Kolb, S.
Matarrese, A. Notari and A. Riotto, 2005 Preprint hep-th/0503117 ; J. W.
Moffat ‘Late time inhomogeneity and acceleration without dark energy’ arXiv:
astro-ph/050526v6; N. Ashfordi and R. Brandenberger, 2001 Phys. Rev.D 63
123505
[10] D. Wiltshire 2005, grqc/0503099
[11] B. M. N. Carter et al, ‘Type IA supernovae Tests of fractal buble universe with
no cosmic acceleration’, astro-ph / 0504192
[12] M Giovannini, 2006 Phys. Lett B634 1 ; arXiv:0811.3839v1 [astro-ph]
[13] ’The classical theory of fields‘ by L. D. Landau and E. M. Lifshitz(p318, Perg-
amon Press, 1975)
[14] C. M. Hirata and U. Seljak 2005 Phys. Rev. D 72083501 ; astro-ph/0503582
[15] H.Iguchi,T. Nakamura and K. Nakao, 2002 Prog. Theo. Phys. 108 809
[16] R. A. Vanderveld, E. E. Flanagan and I. Wasserman, 2006 Phys. Rev. D74,
023506.
[17] Andrzej Krasinski, Charles Hellaby, Krzysztof Bolejko and Marie-Noelle
Celerier, 2010 arXiv;0903.4070v2
[18] J. Hansson and J. Lindkvist ‘Inhomogeneous strucure formation may alleviate
need for accelerating universe’, phys.gen-ph/0906.3403v1
[19] H. Alnes, A. Morad and Ø Gron JCAP 2007 01 007
[20] K.A. Milton, 2003 Grav.Cosmol. 9 66 ; hep-ph/0210170
[21] A. Banerjee., A. Sil. and S. Chatterjee, 1994 Astrophysical Journal, 422 681
[22] R. C. Myer and M. J. Perry, 1986 Ann. Phys.(NY ) 172 304 ; F. Tangherlini,
1963 Nuove Cimento 27 636.
[23] S. Chatterjee and B. Bhui, 1990 MNRAS. 247 57
[24] M. P. Humphreys, Roy Martens and D.R. Matravers, 97 Astrophys. J. 477 47
; astro-ph/9602033
15
[25] S. Rasanen, 2006 JCAP 11 003
[26] A. K. Raychaudhuri, 2005 Phys. Rev. 98 1123
[27] A. Banerjee, D. Panigrahi and S. Chatterjee, 1995 J. Math. Phys. 36 331
[28] K. Enqvist and T. Mattsson, 2007 JCAP 02 019
[29] K. Bolejko and J. S. B. Wyithe, 2009 J. Cosm. Astropart. Phys.02 020
[30] C.M. Yoo, T. Kai and K-I. Nakao 2008 Prog. Theor. Phys. 120 937.
[31] M. N. Celerier, 2000 Astro. Astrophys. 63 353.
[32] S. Chatterjee, P. S. Wesson and A. P. Billyard, 1997 Nuov. Cim. 112B 1667;
P. S. Wesson, 1999 Space-Time-Matter (World Scientific, 2nd. Edition, Singa-
pore).
[33] F. Darabi, ‘An accelerating universe in a 5D non compact and non Ricci flat
Kaluza Klein Cosmology’, gr.qc/0901.0835 ; M Szydlowski and M. Biesiada,
1990 Phys. Rev. D41 2487.
[34] D. Panigrahi and S. Chatterjee, 2008 Gen. Rel. Gravn 40 833.
16
